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For a € R™\{0}, let o, be the reflection in the hyperplane H, C R" orthog-
onal to a. A finite set R C R™\{0} is called a root system ift RN R.a = {£a}
and 0, R = R for all a € R. For a given root system R the reflections o,
generate a finite group W C O(n). All reflections in W correspond to suitable
pairs of roots. For a given 8 € R™\ Uger Hq, we fix the positive subsystem
Ry ={a€R:(a,pB) > 0}. We assume the root system R is normalized in the
sense that |a| = v/2 for all & € R. A function k: R — C on a root system R is
called a multiplicity function if it is invariant under the action of the associated
reflection group W. Denotes the number of conjugacy classes of reflections by
m. Let K =(C™.

The Dunkl operators T¢,( € R", on R™ associated with the finite reflection
group W and multiplicity function k are given by

Tef(z) =0 f(z) + Z k(a)a; . %.
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Consider the system
Te(k) f = (A Q) f- (1)

There exists an open set K" C K invariant under complex conjugation and
containing {k € K|R(k) > 0} such that the solution space of (1) is 1-dimensional
for all £ € K™9 and A € C™. This solution space contains a unique function
Expg (A, k,.) such that Exzpg(\ k,0) = 1.
Let R(k) > 0. Put
wi(@) = [ Iasa)2*e.
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The Dunkl transforms are defined as follows

DN = - [ 1@ Papa(=in.k oy @)ds,
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The constant cp is known as a Mehta-type integral. The Plancherel theo-
rem for the Dunkl transforms says that Dy and Ej are unitary operators on
Ly (R™, |wg(x)| dz), and they are the inverses of each other.

In this talk we establish a Paley-Wiener-type theorem for the Dunkl trans-
forms of functions with compact support. The characterization is formulated
on R™ without passing to complexification.



